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VAK 5174 Mamemamuxa
O rEOIE3UUECKHX JIMHHUIX OHOH METPUKH

P.Mycaenan

B paBoTe paccMaTpHBaeTcsi METpHKA
2 2 2 4™ 22 g N2
ds’ =dx* + €* € 3 5* ¢ By (1)
sanaEnas, BOOBIIIG roBOps, Ha BCel MIOCKOCTH MEPEMEHHbIX, MPUUEM (DYHKIHS
B¢, y =~ o €3 j—ﬁ (( > 0 B IOBOf TOUKE OBNACTH ONPEAETEHHUS.

CraBurcs 3azaya; HafiTH ypaBHEHHE Te0JC3HUSCKHX JIMHHA B paccMaTpHBaeMOR
METpHKE, €CJIH 9TO BO3MOXKHO.
OtMmeTuM, uTo paHee BbUIO JM0Ka3aHo (cM [1]), uro merpuka (1) 3amanHasi Ha Bcel

nnockoctn nepemenHbix €, Y , HMeol@as OTPHUATEIbHYIO TayCOBY KPHBH3HY,
pEryisiHO ¥ H30METPHUECKH MOrpyKaercs B E®. o aTOMy pe3yJnbrary Merpuka (1)
norpyxaercsi B E® B Bue perynsipHofi MOBEPXHOCTH TOT/a H TOJBKO TOrJa, KOraa
o’ ((: KBaJApaTHuHblfi TpexuieH. KpoMe Toro, ¢ MOMOILBLIO [AEPHUBALHOHHBIX
¢opmyn ['aycca-Befinraprena (cM [2]) mosyueHa MOBEpPXHOCTb, HECYIAs] METPHKY
(1). Jdanee, misi OBJNIETUSHUSI BLIUUCIICHHS TPEANONArajoch, UuTo o’ ((:: X2, ITpu

MOAXOASIIEM BbIBOPE MOCTOSHHBIX HHTEIPHPOBAHH S, MapaMETPHUECKHE YPaBHEHH S
MOBEPXHOCTH HMEJIH BHIL:

X &y =xcosy, Y&y =xsiny,Z€ = f/)’(@y 2)

B cBs13u co cX0ACTBOM C TEIHKOHIOM, TIOBEPXHOCTb (2) B YIOMSIHYTOf pasoTe
Ha3bIBaJIaCh MEJIMKOHA00EPa3HOf MOBEPXHOCTHIO.

B Hacrosuell papoTe mbITaeMcs HailTH ypaBHEHHE €0C3MUECKHX JIMHUE B
metpuke (1), ecan aTo Bo3MoxHO. [TycTh HcKOMoOe ypaBHEHHE reo1e30UecKofl IHHAN

ByZeT Y = y((/. H3 kypca andpepeHnnanbHOif reoMeTpuu H3BecTHO (cM [2]), uro

reoJe3nueckie JHHHH B MeTpuke (1) ompenensiorcsi HHTErpHpOBaHHEM M-
chepeHIMAILHOTO YPAaBHEHHSI BTOPOro MOpsiZKAa. OTO ypaBHEHHE Ha3blBaeTCs
nmacppepeHIHATIBHBIM ypaBHeHHeM FGOILGSHHeCKHX JIMHUA U UMeeT cneﬂyloumﬁ BH

"ng Y B (( y 3 (( y/ 12 g B (( y
y € =yt & 28(( y/ €« - —B(< <y €. 3)
HanoMHuM, uto B((,y/:a ((j‘ﬂ (/;

Ypasuenue (3), noacranoskoii P € :: y'((;npeospassyefrca K CIELyIomeMyY
BHLLY

P'QP(/:z—a((:a’((}ﬂq/_ zﬁ((‘/z;ﬁ(/a\jj (I fc(z(((—ﬂ’(((//\qu

-
H3 aroro ypasHenus ciemnyer: nmuso P (( =y'€ =0, mso
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P¢=-akd€P° ¢ ﬂ;’f" ¢ 20;‘;(“(( )

IIepBoe ypaBHEHHE HMEET pELICHHE y(<::c =const. fcHo, uro y((:z c

reoae3nueckie JuHun B Merpuke (1). /Judppepennuansioe ypasHenue (4) oslnee
ypaBHeHue Pukkatu (cM  [3]). OHO, Kak HW3BECTHO, MpPU MPOU3BOJBHBIX
KOoa(ppHIIHEHTaX, HE HHTErpHpyeTcs B KOHeuHoM BHAe. OIHAKO MpPH HEKOTOPBIX
NOAXOAANMX  Koappuuuentax  audppepeHunanbioe ypaBHeHune Tuna  (4)
HHTErpHpyeTcsl B KoHeuHoM Bue (cM [3]). HieM pemienne ypasHenus (4) B Buze

P¢ =g&ylf&y. (%)

Tak xak (5) peumienue ypaBHeHus (4), To
(( (( —_ \ ~ ~ ~

ﬂ@v a«\'«
B¢y /g<< y,qf<< y > BEy

Hcnosb3yss M3BECTHOE TPHTOHOMETPHUECKOE TOXKIECTBO, M3 MOCIEMHEr0
nomyuaem orHocutensHo yekuni g€y n f €y cuexyomyio cucremy
aucpepeHualbHbIX YPaBHEHH:

9€ Y3 €y -9’ &Y r€I €

9, €Yy =- /Wz ‘i/g( y_ (6)

€ €T Gy > 0;*((’ 5'€

Cucrema (6) HMeer caenyloliee peleHue:
L2z
"€ ﬂz q‘_ JBE Y
J~\/_ a ((

\/W

oL Ja

ﬁC((

CrenoBaTenbHO,
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- V2
P oY

BY.JIET pellieHHeM ypaBHeHHusI (4).
Tak xak P }t 0 ectb pemeHne ypaBHeHus (4), To U3 paBeHCTBA

X = J.F:j_z/f C,

noJyyacTCAa U peIICHUE HCXOAHOI0 YPaBHCHU A.

V2o &' €
dy +C,
BEy y+C, €
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Uh dtitnphjugh qlinnighwiljut qotiph dwuh
0. Unwuwg by

Uthnthnu/

~

Uy fuwrtnw apnid phuaplpynd ds® =dx* + (ZZ ((:+ Jij 2 (I Eyz Ubinphlui b
upwamd qinnbighiuljut qotipp: Sbnpliqhlufuu qotinh nhplintughw) hurfuuwnpnudp
punhwunip pbgpnd sh humbigndnud:  Upquwo swthnd hwenndnid £ huwnbigplip
hwdwuqumnwufuwt nhpbptghu houuwpnidp:

About Geodesic Lines on some Metrics
R.Musaelyan

Summary

. . 2 2 ™~ S, ,2 .
The article deals with ds®=dx*+ €& 3+ S€ dy” metrics on the whole

plane of variable, geodesic lines in the given metrics.
Having a specific surface, we introduce an equation of geodesic lines. The equation
of geodesic lines is integrated in a finite form in a particular case.
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