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²ßË³ï³ÝùáõÙ ¹Çï³ñÏí³Í »Ý ýáõÝÏóÇ³Ý»ñÇ ·ñ³ýÇÏÝ»ñ: 

üáõÝÏóÇ³Ý»ñÇ ·ñ³ýÇÏÝ»ñÇ Ï³éáõóÙ³Ý Å³Ù³Ý³Ï ÏÇñ³éáõÙ »Ý 
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µ³½Ù³å³ïÏáõÙ), ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ó¨³÷áËáõÃÛáõÝÝ»ñ 

(ï»Õ³ß³ñÅ, ë»ÕÙáõÙ, Ó·áõÙ): üáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ï³éáõóÙ³Ý 

Å³Ù³Ý³Ï û·ï³Ï³ñ ¿ å³ñ½»É Ýñ³ µÝáõÃ³·ñÇã 

³é³ÝÓÝ³Ñ³ïÏáõÃÛáõÝÝ»ñÁ: àñáß ¹»åù»ñáõÙ ëáíáñáÕÝ»ñÇ Ùáï 

³é³ç³ÝáõÙ »Ý ¹Åí³ñáõÃÛáõÝÝ»ñ՝ Ï³åí³Í ÏáñÇ ³ëÇÙåïáïÝ»ñÇ 

Ñ»ï: Ðá¹í³ÍÇ Ýå³ï³ÏÝ ¿ դյուրացնել ÏáñÇ ³ëÇÙåïáïÝ»ñÇ Ñ»ï 

Ï³åí³Í ¹Åí³ñáõÃÛáõÝÝ»ñÇ Ñ³ÕÃ³Ñ³ñáõÙÁ: 
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ÑáñÇ½áÝ³Ï³Ý ¨ Ã»ù ³ëÇÙåïáïÝ»ñ, ýáõÝÏóÇ³ÛÇ ë³ÑÙ³Ý, 
·ñ³ýÇÏÝ»ñÇ ·áõÙ³ñáõÙ, Ñ³ÝáõÙ, µ³½Ù³å³ïÏáõÙ, áõÕÇÕ, ËÝ¹Çñ, 
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ÏÎÑÒÐÎÅÍÈÅ ÃÐÀÔÈÊÎÂ  ÔÓÍÊÖÈÉ, ÈÌÅÞÙÈÅ 

ÀÑÈÌÏÒÎÒÛ 
 Â ðàáîòå ðàññìîòðåíû ãðàôèêè ôóíêöèé. Ïðè ïîñòðîåíèè ãðàôèêîâ 
ôóíêöèé ïðèìåíÿþòñÿ ñëåäóþùèå ïðèåìû: ïîñòðîåíèå ‹‹ïî òî÷êàì››; 
äåéñòâèÿ ñ ãðàôèêàìè (ñëîæåíèå,âû÷èòàíèå,óìíîæåíèå ãðàôèêîâ); 
ïðåîáðàçîâàíèÿ ãðàôèêîâ(ñäâèã,ðàñòÿæåíèå).  Ïðè ïîñòðîåíèè 
ãðàôèêà ôóíêöèè ïîëåçíî âûÿñíèòü åãî õàðàêòåðíûå îñîáåííîñòè. Â 
íåêîòîðûõ ñëó÷àÿõ ó îáó÷àþùèõñÿ âîçíèêàþò òðóäíîñòè, ñâÿçàííûå ñ 
àñèìïòîòàìè êðèâûõ. Öåëü ñòàòüè ïîìî÷ü ó÷àùèìñÿ ïðåîäîëåòü 
òðóäíîñòè, ñâÿçàííûå ñ äàííîé òåìîé.  
Ключевые слова: Ãðàôèê ôóíêöèè, êðèâîëèíåéíые, âåðòèêàëüíые, 
ãîðèçîíòàëüíые и  íàêëîííые  àñèìïòîòы, ïðåäåë  функции, ñëîæåíèå, 

âû÷èòàíèå, óìíîæåíèå ãðàôèêîâ, ïðÿìàÿ, çàäà÷à, ðåøåíèå. 
 

M. Apresyan 

CONSTRUCTING THE GRAPH OF A FUNCTION HAVING 

ASYMPTOTES 

The article considers the graph of a function. For constructing the graph 

of a function we used the following methods:  construction ''on points'';  

actions on graphs (addition, subtraction, multiplication  of graphs); 

transformations of graphs (shifting ,stretching). For constructing the 

graph of a function, it is useful to find out its characteristic features. In 

some cases, students have difficulties with asymptotes of the curve.     The 
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purpose of the article is to help students to overcome the difficulties with 

asymptotes of the curve. 

 Keywords: Graph of a function, curvilinear, vertical, horizontal, a slant 

(oblique) asymptote, limit, determination, addition, subtraction, 

multiplication, straight line, task, solution. 
 

 
üáõÝÏóÇ³Ý»ñÝ áõëáõÙÝ³ëÇñ»ÉÇë Ñ³×³Ë û·ïíáõÙ »Ý Ýñ³ ·ñ³ýÇÏÇó: 

üáõÝÏóÇ³Ý»ñÇ ·ñ³ýÇÏÝ»ñÇ Ï³éáõóÙ³Ý Ñ³Ù³ñ ·áÛáõÃÛáõÝ áõÝ»Ý ß³ï 

ÑÝ³ñùÝ»ñ: ²é³í»É Ñ»ï³ùñùÇñ ¿, »ñµ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ï³éáõóÙ³Ý 

Ñ³Ù³ñ û·ï³·áñÍíáõÙ »Ý ÑÝ³ñ³íáñ ùÇã ù³ÛÉ»ñ: ²Û¹ ³éáõÙáí 

³é³ÝÓÝ³Ñ³ïáõÏ »Ý ³ëÇÙåïáïÝ»ñ áõÝ»óáÕ ýáõÝÏóÇ³Ý»ñÇ ·ñ³ýÇÏÝ»ñÇ 

Ï³éáõóáõÙÁ: Ðá¹í³ÍÇ Ýå³ï³ÏÝ ¿ դյուրացնել ÏáñÇ ³ëÇÙåïáïÝ»ñÇ Ñ»ï 

Ï³åí³Í ¹Åí³ñáõÃÛáõÝÝ»ñÇ Ñ³ÕÃ³Ñ³ñáõÙÁ: ²ëÇÙåïáïÝ»ñÇ ÇÙ³Ý³ÉÁ 

Ï³ñ¨áñ ¿ ³ÙµáÕç ·ñ³ýÇÏÇ Ó¨Á ×Çßï å³ïÏ»ñ³óÝ»Éáõ Ñ³Ù³ñ: 

²ëÇÙåïáïÝ»ñÇ ÇÙ³Ý³ÉÁ û·ÝáõÙ ¿ Ý³¨ ×ß·ñÇï áñáß»Éáõ ýáõÝÏóÇ³ÛÇ 

÷á÷áËÙ³Ý µÝáõÛÃÁ Ýñ³ ³ÙµáÕç áñáßÙ³Ý ïÇñáõÛÃáõÙ: 

²ßË³ï³ÝùáõÙ ³é³ç³ñÏíáõÙ »Ý ýáõÝÏóÇ³Ý»ñÇ ·ñ³ýÇÏÝ»ñÇ Ï³éáõóÙ³Ý 

í»ñ³µ»ñÛ³É ÙÇ ù³ÝÇ ËÝ¹ÇñÝ»ñ: 

ÊÝ¹Çñ 1.Î³éáõó»É Ñ»ï¨Û³É ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ.  
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ÈáõÍáõÙ: Ü³Ë Ï³ñ»ÉÇ ¿ Ñ³ßí»É Ñ»ï¨Û³É ë³ÑÙ³ÝÝ»ñÁ. 
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(1) 

Ð³ßíÇ ³éÝ»Éáí (1)-Á՝  Ï³ñáÕ »Ýù ³ë»É, áñ 1x  ¨ 1x  áõÕÇÕÝ»ñÁ 

¹Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ Ñ³Ý¹Çë³ÝáõÙ »Ý áõÕÕ³ÓÇ· 

³ëÇÙåïáïÝ»ñ: 0y  áõÕÇÕÁ ¹Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ 

Ñ³Ý¹Çë³ÝáõÙ ¿ ÑáñÇ½áÝ³Ï³Ý ³ëÇÙåïáï, áñáíÑ»ï¨ արկա »Ý Ñ»ï¨Û³É 

å³ÛÙ³ÝÝ»ñÁ. 
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xf  ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ å³ïÏ»ñí³Í ¿ ÝÏ. 1–áõÙ:  
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ÊÝ¹Çñ 2. Î³éáõó»É ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ.  
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ÈáõÍáõÙ: ø³ÝÇ áñ  
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³å³ 1y  áõÕÇÕÁ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ ÑáñÇ½áÝ³Ï³Ý ³ëÇÙåïáï ¿: 

´³óÇ ¹ñ³ÝÇó, ù³ÝÇ áñ  
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³å³ 1x  áõÕÇÕÁ ¹Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ áõÕÕ³ÓÇ· 

³ëÇÙåïáï ¿: 
¸Åí³ñ ã¿ ÝÏ³ï»É, áñ ïí³Í ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÝ ³ÝóÝáõÙ ¿    0;1,1;0   

Ï»ï»ñáí ¨ ³ÙµáÕçáíÇÝ ·ïÝíáõÙ ¿ í»ñÇÝ ÏÇë³Ñ³ñÃáõÃÛáõÝáõÙ: ²Û¹ 

ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ å³ïÏ»ñí³Í ¿ ÝÏ.2-áõÙ: 
ÊÝ¹Çñ 3. Î³éáõó»É ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ. 
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ÈáõÍáõÙ: Ü³Ë Ï³ñ»ÉÇ ¿ áñáß»É Ã»ù ³ëÇÙåïáïÇ ·áÛáõÃÛáõÝÁ: ¸ñ³ Ñ³Ù³ñ 

å»ïù ¿ ·ïÝ»É Ñ»ï¨Û³É ë³ÑÙ³ÝÝ»ñÁ. 
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 ²ÛëåÇëáí 2 xy  áõÕÇÕÁ ïí³Í ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ 

Ñ³Ý¹Çë³ÝáõÙ ¿ Ã»ù ³ëÇÙåïáï: ø³ÝÇ áñ  
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³å³ 1x  áõÕÇÕÁ ¹Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ Ñ³Ý¹Çë³ÝáõÙ ¿ 

áõÕÕ³ÓÇ· ³ëÇÙåïáï: Üßí³Í ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ å³ïÏ»ñí³Í ¿ ÝÏ.3-áõÙ: 

ì»ñÉáõÍ»Éáí ËÝ¹Çñ 3-Ç ÉáõÍáõÙÁ՝ Ï³ñ»ÉÇ ¿ Ýßí³Í ýáõÝÏóÇ³Ý Ý»ñÏ³Û³óÝ»É 

Ñ»ï¨Û³É ï»ëùáí. 
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x
xxf  : 

¸Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ Ý»ñÏ³Û³óÙ³Ý í»ñçÇÝ ï»ëùÇó ÙÇ³Ý·³ÙÇó ³ÏÝÑ³Ûï 

¿ ¹³éÝáõÙ, áñ ³Û¹ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ Ã»ù ³ëÇÙåïáï ¿ 

Ñ³Ý¹Çë³ÝáõÙ 2 xy  áõÕÇÕÁ: Î³ñ»ÉÇ ¿ ÝÏ³ï»É ³í»ÉÇÝ:  
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ÊáëùÁ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ïáñ³·ÇÍ ³ëÇÙåïáïÝ»ñÇ Ù³ëÇÝ ¿: àõß³·ñ³í ¿ 

µ»ñ»É Ñ»ï¨Û³É ë³ÑÙ³ÝáõÙÁ. 

                     ÜÏ.3                                                    ÜÏ.4  
  

  

 ê³ÑÙ³ÝáõÙ:  xg  ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ ÏáãíáõÙ ¿ Ïáñ³·ÇÍ ³ëÇÙåïáï 

 xf  ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ, »ñµ ax  , »Ã»  xf  ýáõÝÏóÇ³Ý Ï³ñ»ÉÇ 

¿ Ý»ñÏ³Û³óÝ»É 

     xxgxf   

ï»ëùáí, áñï»Õ  x -Á a  Ï»ïáõÙ ³Ýí»ñç ÷áùñ Ù»ÍáõÃÛáõÝ ¿: 

¶áñÍÝ³Ï³ÝáõÙ Ñ³Ý¹ÇåáõÙ »Ý Ó³Ë, ³ç ³ëÇÙåïáïÝ»ñÇ: 
ÊÝ¹Çñ 4.Î³éáõó»É ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ. 
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 ÈáõÍáõÙ: ²Ûë ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ x -Á ³Ýí»ñçáõÃÛ³Ý Ó·ï»ÉÇë 

Ïáñ³·ÇÍ ³ëÇÙåïáï ¿ Ñ³Ý¹Çë³ÝáõÙ   3xxg   ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ: 

¸Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ, x -Á ½ñáÛÇÝ Ó·ï»ÉÇë, Ïáñ³·ÇÍ 

³ëÇÙåïáï ¿ Ñ³Ý¹Çë³ÝáõÙ  
x

xh
1

  ÑÇå»ñµáÉÁ: àñáÝ»ÉÇ ·ñ³ýÇÏÁ 

å³ïÏ»ñí³Í ¿ ÝÏ.4-áõÙ: 
 ÊÝ¹Çñ 5. Î³éáõó»É ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ. 
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 ÈáõÍáõÙ: ø³ÝÇ áñ  
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³å³ ¹Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ áõÕÕ³ÓÇ· ³ëÇÙåïáï ¿ 

Ñ³Ý¹Çë³ÝáõÙ 1x  áõÕÇÕÁ: ²ÏÝÑ³Ûï ¿, áñ áñáÝ»ÉÇ ·ñ³ýÇÏÁ ÑáñÇ½áÝ³Ï³Ý 

³ëÇÙåïáï ãáõÝÇ: Â»ù ³ëÇÙåïáïÝ»ñÇ ·áÛáõÃÛáõÝÁ å³ñ½»Éáõ Ñ³Ù³ñ Ï³ñ»ÉÇ 

¿ Ñ³ßí»É Ñ»ï¨Û³É ë³ÑÙ³ÝÝ»ñÁ. 
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Ð»ï¨³µ³ñ 1 xy  áõÕÇÕÁ Ýßí³Í ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ 

Ñ³Ý¹Çë³ÝáõÙ ¿ ³ç Ã»ù ³ëÇÙåïáï: ²ÛÝáõÑ»ï¨ Ñ³ßí»Éáí Ñ»ï¨Û³É 

ë³ÑÙ³ÝÝ»ñÁ՝ 
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¸Åí³ñ ã¿ å³ñ½»É, áñ 1 xy  áõÕÇÕÁ áñáÝ»ÉÇ ·ñ³ýÇÏÇ Ñ³Ù³ñ 

Ñ³Ý¹Çë³ÝáõÙ ¿ Ó³Ë Ã»ù ³ëÇÙåïáï: ¸Çï³ñÏíáÕ ýáõÝÏóÇ³ÛÇ ·ñ³ýÇÏÁ 

å³ïÏ»ñí³Í ¿ ÝÏ.5-áõÙ:   

 
ÜÏ.5 

  
º½ñ³Ï³óáõÃÛáõÝ: ¸Çï³ñÏí³Í ËÝ¹ÇñÝ»ñÇ ÉáõÍáõÙÝ»ñÁ óáõÛó »Ý ï³ÉÇë, áñ 

³ëÇÙåïáïÝ»ñÇ ÇÙ³Ý³ÉÁ Ï³ñ¨áñ ¿ ³ÙµáÕç ·ñ³ýÇÏÇ Ó¨Á ×Çßï 

å³ïÏ»ñ³óÝ»Éáõ Ñ³Ù³ñ: 
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